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Hodkin and Huxley models



First direct (intracellular) recorded action-potential (spike) - 1939!!



Very nice theory



Giant Nerve Cells of Squid



Hodkin and Huxley experiment NOBEL 1963



Voltage Clamp Method



All or None



Membrane current in response to voltage clamp (VC)



Separating voltage-dependent active (excitable) currents Using
pharmacological agents 2 different currents flow via the
membrane during the spike



Changing ion concentration at bath with giant axon showed that
early current is carried by Na+ ions and late one by K+ ions



Ion currents (K+ and Na+) for various depolarizing voltage clamp
(and extracting respective ion conductances)



Fitting an equation for the K current (K-conductance)
during/following VC



Graphical interpretation of H&H model for the K channel



The activation function, n, and the rate functions αn and βn



Similar procedure is used to extract the activation (m) and
inactivation (h) parameters for the Na current



Fitting Na current for different VC depolarizing values



Graphical interpretation of H&H model for the Na channel



Overlay of the action potential (voltage) and underlying Na and K
conductances



Hodgkin–Huxley model

Figure: Typical form of an action potential; redrawn from an oscilloscope
picture from Hodgkin and Huxley (1939).



The minimal mechanisms
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HH stucture

I Iion = ˆgion(V − Eion)

I voltage and time dependent variables n(V , t),m(V , t),h(V , t)

ĝK (V , t) = gK n4

ˆgNa(V , t) = gNam3h

EK

KRNaRRL
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Hodgkin–Huxley equations and simulation

C
dV
dt

= −gKn4(V − EK)− gNam3h(V − ENa)− gL(V − EL) + Iext (t)

τn(V )
dn
dt

= −[n − n0(V )]

τm(V )
dm
dt

= −[m −m0(V )]

τh(V )
dh
dt

= −[h − h0(V )]

dx
dt

= − 1
τx (V )

[x − x0(V )]→ x(t + ∆t) = (1− ∆t
τx

)x(t) +
∆t
τx

x0

  Spike train with constant input
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Ion channels resistance

x(0) =
α

α+ β
, tx = αβ, x ∈= {n,m,h}

αn =
10− V
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80

αm =
25− V

10(e
25−V

10 −1)
, βm = 4e− V

18

αh = 0.07e
V
20 , βh =

1

e
30−V

10 + 1



Matlab implementation



Refractory period

I waiting for inactivation of sodium channels about 1 ms
I absolute refractory period limiting firing rate to 1000Hz
I hyperpolarizing activity further limits the neuron’s rate
I relative refractory period
I brainstem neurons 600Hz, cortical neurons 3Hz



Propagation of action potentials

I action potentials=spikes travel about 10 m/s.
I non-loss signal transfer - SLOW
I myelin = FAST lossy signal transfer in axon
I Ranvier nodes = AP regeneration
I myelination happens after second year of age
I Alzheimer deased - DESmyelination!



NON-LOSS transfer



LOSSY transfer



Stimulation of neuron



HH - simplification: Hugh Wilson model for neocortical neurons

I h = 1− n
I τm ≈ m0(V )

I h = 1 no inactivation of the fast Na+ channel combining leakage
and Na channel, only for cortical neurons

I R describes recovery of membrane potential
I 2 differential equations

C
dV
dt

= −gK R(V − EK )− gNa(V )(V − ENa) + Iext(t)

τR
dR
dt

= −[R − R0(V )]



Wilson model
I more realistic mammalian neocortical neurons
I two more channels types→ more diverse firing
I cation C2+

a described by gating variable T
I slow hyperpolarizing current Ca2+-mediated K+ described by

gating variable H

C
dV
dt

= −gNa(V − ENa)− gK R(V − EK )− gT (V − ET )− gHH(V − EH + I(t))

τR
dR
dt

= −[R − R0(V )]

τT
dT
dt

= −[T − T0(V )]

τH
dH
dt

= −[H − 3T (V )]

gNa(V ) = 17.8 + 0.476V + 33.8V 2

R0(V ) = 1.24 + 3.7V + 3.2V 2

T0(V ) = 4.205 + 11.6V + 8V 2



Wilson model:results

I RS: regular spiking neuron
I FS: fast spiking neuron
I CS: continously spiking neuron
I IB: bursting neuron
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Matlab implementation



Physiology versus Neurons Models



Physiology versus Neurons Models



Dendrit Cable Theory



Cylindric model



Voltage attenuation



Axial and membrane current



Passive cable equations



Compartmental models

j + 1jj - 1

j

j + 1

j + 2

A.  Chain of compartments C.  Compartmental reconstruction

B.  Branching compartments



Cable theory

I discretization - compartments like branching j , j + 1, j + 1

λ2 ∂Vm(x , t)
∂x2 − τm

∂Vm(x , t)
∂t

− Vm(x , t) + V0 = RmIinj(x , t)

λ =

√
dRm

2Ri

τm = RmCm

Vm = V0e − x
λ

∂Vm(x , t)
∂x2 ←

Vj+1 − 2Vj(t) + Vj−1(t)
(xj−1 − xj)2



Steady state condition



Simulating voltage attenuation



Simulators
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